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\S 1 ( ) Riemann , $H^{\infty}(R)$ ,
$M^{\infty}(R)$ .
, $M^{\infty}(R)$ Riemann $R$
. $H^{\infty}(R)$ Riemann
, . , $M^{\infty}(R)$ Riemann
, $H^{\infty}(R)\neq \mathrm{C}$ Riemann
, $M^{\infty}(R)\neq \mathrm{C}$ Riemann
? ,
.
1. $R$ Riemann , $M^{\infty}(R)$ ,
.
(1) $H^{\infty}(R)\neq \mathrm{C}$ ;
(2) $R$ Riemann , $H^{\infty}(R)=\mathrm{C}$ .
Riemann $E$ $AB-\mathrm{n}\mathrm{e}\mathrm{g}\mathrm{l}\mathrm{i}\mathrm{g}\mathrm{i}\mathrm{b}\mathrm{l}\mathrm{e}$ $U$
, $U\backslash E$ U ,
, $U\cap E$ analytiC $\mathrm{C}\mathrm{a}_{\mathrm{P}^{\mathrm{a}\mathrm{c}\mathrm{i}\mathrm{t}}}\mathrm{y}$ , Riemann
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$R$ , $H^{\infty}(R)=\mathrm{C}$ $R$ $AB-\mathrm{n}\mathrm{e}\mathrm{g}\mathrm{l}\mathrm{i}\mathrm{g}\mathrm{i}\mathrm{b}\mathrm{l}\mathrm{e}$











\S 2 1 . $R$ Riemann , $M^{\infty}(R)$
$H^{\infty}(R)=\mathrm{C}$ . , $R$ Riemann
.
.
. $f,$ $g\in M^{\infty}(R)$ , 2 $P$ ,
$P(f, g)=0$ .
$f$ , $f\in H^{\infty}(R)$ . $H^{\infty}(R)=\mathrm{C}$ ,
$f=C(\mathrm{c}\mathrm{o}\mathrm{n}\mathrm{S}\mathrm{t}\mathrm{a}\mathrm{n}\mathrm{t})$ . , $P(z, w)=C-Z$
40
. , $f$ $g$ . $M$
, $f$ $g$ $M$ . $f^{-1}(\infty)\cup g^{-1}(\infty)=$
$\{a_{1}, \ldots, a_{L}\}$ . $N$ , $f^{j}g^{k}(1\leq j, k\leq N)$
.
$\mathcal{L}_{N}$ . $a_{j}$
$\text{ }\Phi$ , $h\in \mathcal{L}_{N}$ Laurent ,
, $\mathcal{L}_{N}$ $\mathrm{C}^{2MNL}$ . $2MNL$
, $L$ $h\in \mathcal{L}_{N}$ $L$ $\{a_{1}, \ldots, a_{L}\}$
, , $2MN$ $2MN$
. , $f^{j}g^{k}\in \mathcal{L}_{N}$ $.N^{2}$ , $N$ +
, $F= \sum_{1\leq j,k\leq N}Cjk^{f^{j}g^{k}}$ ,
. , $F$ ,
$F$ $R$ . ,
$P(z, w)=c- \sum_{1\leq j},k\leq Nc_{j}kz^{jk}w$ . $[]$
1 $f\in M^{\infty}(R)$ nOnCOnStant , $f$
– . $f$ $R$ Riemann $\hat{\mathrm{C}}$
. $f$ ,
$V$ , $f$ $R\backslash V$ . , $r$
, $V_{r}:=\{p\in R : |f(p)|>r\}\subset V$ . , $r$
, $f$ Riemann \Delta r $:=\{Z : r<|Z|\leq\infty\}$
$N$ . ,
$(^{*})$ $f(V_{r})\cap f(R\backslash V_{r})=\emptyset$
41
. , $|\mu|>r$ , $1/(f-\mu)\in M^{\infty}(R)$
, $f$ $1/(f-\mu)$ , $f$ $\mathrm{s}\mathrm{i}\mathrm{m}^{\mathrm{p}1}\mathrm{e}$
. $r$ , $V_{r}$
$N$ , $f$ $\triangle_{r}$ – –
. , $M^{\infty}(R)$ , $\mu$
, $f$ $g\in M^{\infty}(R)$
. $P(z, w)$ , $R$
$P(f, g)=0$ . , $P$ . 1
$W:=\{(Z, w)\in\hat{\mathrm{C}}^{2} : P(_{\mathcal{Z},w})=0\}$
, Riemann $\hat{W}$ – , $R$ $W$







( :1) $\hat{\varphi}$ $R$
. $M^{\infty}(R)$ $h$ . , ,
$Q(z, t)$ , $R$ $Q(f, h)=0$ . ,
$T$ $:=\{(_{Z,W}, t)\in\hat{\mathrm{C}}^{3} : P(z, w)=Q(Z, t)=0\}$
, $T$ 1 ,
42
Riemann $\hat{T}$ – , $R$ $T$ $\psi(p):=(f(p),g(P),h(p))$
, $\hat{\psi}$ : $Rarrow\hat{W}$ . , $\pi$ : $(Z, W, t)\ovalbox{\tt\small REJECT}arrow(Z, W)$
, $\hat{T}$ $\hat{W}$ $\hat{\pi}$ induce , $f=$
$z^{0\hat{\varphi}\hat{\psi}},=_{Z\mathrm{O}\pi 0}$ . $H^{\infty}(\hat{\varphi}(R))=H^{\infty}(\hat{\psi}(R))=\mathrm{C}$
, $\hat{\varphi}(R),\hat{\psi}(R)$ $\hat{W},\hat{T}$ denSe .




, $\hat{\varphi}$ , $\hat{\varphi}=\pi 0\hat{\psi}$ , $\pi$ $(z\mathrm{o}\pi)^{-1}(\{Z$ : $r<$
$|z|\leq\infty\})$ . , $\hat{T}$ $\hat{W}$ Riemann
, $W$ ( )
, , $\pi$ . ,
$\hat{T}$ $t$
$Z,$ $W$ , $h$ $f,$ $g$ . ,
2 $f$ $g$ $R$ . , $\hat{\varphi}$ $R$
. $[]$
( :2) f – $a$ . $\mathrm{R}\mathrm{i}\mathrm{e}\mathrm{m}\mathrm{a}\mathrm{n}\mathrm{n}-\mathrm{R}\mathrm{o}\mathrm{C}\mathrm{h}$
, $\hat{\varphi}(a)\text{ ^{ } }\hat{W}$ $u$ . $f_{1}.=u\mathrm{o}\hat{\varphi}$ ( $M^{\infty}(R)$
, $a$ . $M^{\infty}(R, a)$ $a$ $M^{\infty}(R)$
. $h$ $M^{\infty}(R)$ nOnCOnStant
43
. $h$ $a$ $b_{1},$ $\ldots,$ $b_{k}$ . fi–fi $(b_{j})(j=1, \ldots, k)$
$h$ , $M^{\infty}(R, a)$ . , $M^{\infty}(R)$
$M^{\infty}(R, a)$ . , $M^{\infty}(R, a)$ $R$
. , $a$ $U$ . ,
$h$ $M^{\infty}(R, a)$ nonconstant . 1 ,
$\psi(p)=(f(p), g(p)$ , $(p))$ , Riemann $\hat{T}$ $\hat{\psi}$ : $Rarrow\hat{T}$
. 3 $t$ $\hat{T}$ . $\hat{\psi}(R)$ $\hat{T}$ dense,
$=t\mathrm{o}\hat{\psi}$ $R\backslash U$ , , $\hat{\psi}(U)\cap^{\hat{\psi}(R}\backslash U)=\emptyset$ ,
$t$ $\hat{\psi}(a)$ . ,
$\sup_{p\in R\backslash U}|h(p)|\leq\sup_{p\in\partial U}|h(p)|$
Bishop-Royden , algebra $M^{\infty}(R, a)$ $R\backslash$
$U$ Royden’s resolution $\partial U$ Riemann
$R_{0}$ . , $M^{\infty}(R, a)$ Riemann $\tilde{R}=R_{0}\cup U$
algebra , Riemann $M^{\infty}(R, a)$ $R$
Royden’s resolution $M^{\infty}(R)$ $M^{\infty}(R, a)$
, $M^{\infty}(R)$ $R$ Royden’s resolution , $\tilde{R}$ –
$M^{\infty}(R)$ $R$ , $R$ $\tilde{R}$
. $[]$
\S 3 Further gerenalizations $M^{\infty}(R)\neq \mathrm{C}$ , $M^{\infty}(R)$
. ,
$(\tilde{R}, \Phi, \mathcal{M})$ :
44
(a) $\mathcal{M}^{0}\Phi=M\infty(R)$ ;
(b) $\mathcal{M}$ $\tilde{R}$ ;
(C) $\tilde{R}$ M- ; , $\tilde{R}$ Rie-
mann $R’$ , $\mathcal{M}$ $R’$
.
Riemann $\tilde{R}$ $R$ $M^{\infty}(R)$ Royden resolution
([5]). 1 .
2 $M^{\infty}(R)\neq \mathrm{C}$ $\tilde{R}$ $R$ $M^{\infty}(R)$ Royden
reSOlutiOn , $H^{\infty}(\tilde{R})\neq \mathrm{C}$ , , $\tilde{R}$ Riemann
. , $M^{\infty}(R)\subset M^{\infty}(\tilde{R})0\Phi$ .
– , $R$ $K$ , $M^{\infty}(R\backslash$
$K)$ . , $M^{\infty}(R)$
, , . ,
[3] , ([4]).
. Riemann $R$ , $K$ $H^{\infty}(R\backslash K)$
, $H^{\infty}(R)=M^{\infty}(R)=\mathrm{C}$ .
1 , .
. Riemann $R$ , $K$ $U$




. $\mathcal{P}(U)$ $\mathrm{P}^{\mathrm{o}\mathrm{l}\mathrm{e}}$ Set , $H^{\infty}(R)$
, ([2], [3]).
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